
Single-elimination tournaments
Toshio Oshima (2024.2.18)

3 teams

2 patterns :

0 1 2
=

1 0 2
=

2 0 1
̸=

1 2 0
,
0 2 1 ◦ ◦

1 type, 2 patterns, 3 (cases of) tournaments, 2 win types (◦)

4 teams

0 1 2 3

: 1 pattern

: 4!
23 = 3 cases

◦

0 1 2 3

: 4 patterns

: 4!
2 = 12 cases

◦ ◦ ◦
2 0 1 3 3 0 1 2 3 2 0 1

2 types, 5 patterns, 15 tournaments, 4 (1+3 : ◦) win types

5 teams

0 1 2 3 4

: 2 patterns

: 5!
23 = 15 cases,

◦ ◦
0 1 2 3 4

: 4 patterns

: 5!
22 = 30 cases,

◦ ◦ ◦
0 1 2 3 4

: 8 patterns

: 5!
2 = 60 cases

◦ ◦ ◦ ◦
3 types, 14 patterns, 105 tournaments, 9 (2+3+4 : ◦) win types

Numbers of single-elimination tournaments

teams 2 3 4 5 6 7 8 9 10 n

types 1 1 2 3 6 11 23 46 98 ?

patterns 1 2 5 14 42 132 429 1430 4862 (2n−2)!
n!(n−1)!

tournaments 1 3 15 105 945 10395 135135 2027025 34459425 (2n− 3)!!

win types 1 2 4 9 20 46 106 248 582 ?

Symmetry of patterns

teams 1 2 3 4 5 6 7 8 9 10 11 12 13 14 15

1 1 0 0 0 0 0 0 0 0 0 0 0 0 0 0

Z2 1 1 1 1 1 1 1 1 1 1 1 1 1 1

Z2
2 0 1 2 4 6 9 12 16 20 25 30 36

Z3
2 1 1 2 3 7 14 28 50 85 135 206 301

Z4
2 1 3 7 14 28 58 119 239 457 837

Z5
2 1 6 21 54 126 273 580 1197

Z6
2 0 1 4 17 61 187 500 1219

Z7
2 1 1 3 8 27 80 246 723

Z8
2 1 3 9 32 112 363

Z9
2 2 8 33 119

Z10
2 1 3 11 39

Z11
2 3 15



46 patterns of single-elimiantion tournaments of 9 teams*1

Toshio Oshima (2024.2.14)

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

0 1 2 3 4 5 6 7 8 0 1 2 3 4 5 6 7 8

*1 The first 23 (resp. 11, 6) patterns give those of 8 (resp. 7, 6) teams omitted the final (and semi-finals,

quater-finals).



Other 52 patterns of single elimination tournaments of 10 teams*2

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9 0 1 2 3 4 5 6 7 8 9

*2 Here the patterns adding the final competition with the 9-th team to those of 9 teams are omitted.


