XERRXS D 2 B SRR A & kD F B

AR R UNRFREEFNE D1)

BRENIREBEE G & G DEEWHARE 0 1T LT, 0 ODEETSDEE K
EXFRRRE, (G, K) ZXFFX L FER. X512, G, K ZNZ Ol
ZRHE G/P, K/Q DIER G/P x K/Q %, »Fxt (G, K) d 2 Efift%hk
REMER. 2O E KX G/P x K/Q ITHNAICIER T 22, ZOIEH
BREDO DGR WA I N2 EELRRNRTH 5. 2o DG
L, ROZODBENFET 5.

(1) G, K, P, @D &I RiHDr & Kl EIRMEY 722 07

(2) K BB ERME D & = D#E D RIFEERINICE D X 512F T 507
Z DM LFEHE X G = GLyyn, K = GLy, x GL, DA, B &
MORH L oMt Z 5222212k, FEZEIER UMRL -
FIT, AFETIEU DO Z 2 ICOWTBIHELT 5.

H. Homma, Double flag varieties and representations of quivers, arXiv:2103.14509.
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Let Qrp,q be a quiver of the following form:

Bp1< = fr

pd

ap = =>=a,1—>0

Yg-1< =M

and repkQy p. g be a category of finite-dimensional representations
Of Qr7p7q'

Definition 1
Define the Joint flag category 7., as follows:

Hrp.q is a full sub-category of repkQ; , 4, whose objects are given
in the following form:
g Bp—l - < Bl

A= —=A_ 1>V

7N

where all arrows are injective, and Ima@Im s = V.
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Joint Flag Variety

Definition 2

For any d € A/, we define Jlg(V) is a sub-variety of Flg(V)
consisting of the whole of (A, B, C) € Flg(V) satisfying
(V,A,B,C) e 7. At this time Jlg(V) is called Joint flag variety.

Proposition 1

DUk [EME -

(1) Jg(V) D2 DDIT x,y DR G-HLEICA S.
(2) /r,p,q DIFR V(X), \/(y) H3[EE

Corollary 1

J4(V) ® GHED BRI L 75 25 ¥ 5 HOUELME, K
TR d LREE L Z L, 5 g DRTRORIBH O ERAHH FRAE
ERDEDEIDTEZIZIENTES. /2, HuEDROGIERIEZ
Dr xoRBFEEART S TERALNS.
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Main Result 1

Theorem 1

BUR X[

(1) Ja(V) @ G-HiE DRI A FRAE.

(2) dELTFOWTFN %S # ED summand d' ZHi7z750,
d™ =((2%), (13,3)7(13,3)) ((33) (22 5), (1°,4)),
((3°), (15 4),(2%,5)), ((14) (1%,2), ( 12)), ((2%), (3,5
((2%),(1%,3), ( 5)), ((1°). ( ) (1°.2)), ((1°). (13,2)
(17). (3,4). (22.3)), or (1), (22.3), (3.4)).

Theorem 2
Tape)(V) O GHUEDEBHHRE L T2 L, Nape(V) D G-
HIE & RET72 TIFABBOBGE M = (mg) £ DI B KR 24

PIHET 5.
> (ma)d = (a.b,c)
d

), (1°,3)),
,(2,3)),

72720, d e NIk >THRFATIHNTED, 22T I(V) D G-
HEDOEEEARMETH D, 2200 Q(d) =1 23



Main Result 2

Theorem 3

PURIX[ENE -

1) Jlg=(ap,c)(V) D G-HUEDEEIIHRMETH D, 72 Q(d) = 1.
2) dt B FOWFNDL (771, b & c DANBEZEHT):
(1),(1),(1,0)), ((1°),(2,4),(2%,2)), ((1*™*1),(m,m+1),(m,1,m)) (m >2),
(12™), (m,m), (m = 1,1,m)) (m>2), ((1"),(1,n—1),(1""1,1)) (n>2),
(x,x — 1,1), (1%, x), (1%, %)) x > 2, ((x3,1), (1%, x + 1), (11, x)) x > 2,
(2%),(1%,4),(1%,2)), ((2%),(2,1,3),(1%,3)), ((3:2%),(2,1,4),(1%,3)),
(3%,2),(2,1,5),(1°,3)), ((3%,2),(2%,4),(1%,4)), ((4,3,2),(25),(1°,4)),
(4%,2),(2%,6),(1%,4)), (<)), (x —1,1,2x), (1, x)) x > 3,

(x%,x —1),(x —1,1,2x — 1), (1% 1, x)) x > 4,

(x,(x = 1)), (x = 1,1,2x — 2), (1% 72 x)) x > 4,

((x—1)%),(x—1,1,2x — 3), (1% 73, x)) x > 4, ((3%),(2%,5),(2,1%,4)),

(
(
(

5/5



