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Beilinson proved that a constructible sheaf on
a smooth scheme over a field of positive charac-
teristic has a singular support and its dimension
equals that of the scheme.

In mixed characteristic case, the existence of
singular support is an open problem although a
definition was given using the Frobenius—Witt
cotangent bundle. Using an interpretation of
the local acyclicity in terms of the transversal-
ity, I followed Beilinson’s argument using the
Radon transform to prove the saturation of a
relative variant of the singular support.

As a converse of Beilinson’s theorem, in a joint
work with Ahmed Abbes at THES, I proved
that if an étale sheaf is micro supported on a
closed conical subset of the cotangent bundle
of dimension at most that of the scheme is con-

structible.
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