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The higher dimensional case of the Riemann-

Hilbert problem of whether there exists a one-
to-one correspondence between Fuchsian dif-
ferential equations and monodromies has been
solved positively by Kashiwara in 1984. He es-
tablished an equivalence of categories between
the triangulated category of regular holonomic
D-modules on a complex manifold and the one
The prob-

lem of extending this Kashiwara’s result to

of C-constructible sheaves on it.

cover the case of holonomic D-modules with
irregular singularities had been open for 30
years. After a groundbreaking development
in the theory of Hukuhara-Levelt-Turrittin of
the higher dimensional case by Kedlaya and
Mochizuki, and the one of ind-sheaves by
Kashiwara and Schapira, D’Agnolo and Kashi-
wara established the Riemann-Hilbert corre-
spondence for irregular holonomic D-modules.
More precisely, they constructed a fully faithful
functor from the triangulated category of holo-
nomic D-modules on a complex manifold to the
one of R-constructible enhanced ind sheaves on
it. Moreover, Mochizuki proved that the im-
age of this fully faithful functor can be charac-
terized by the curve test. On the other hand,
I defined a C-constructible enhanced ind-sheaf
as follows and proved that they are nothing but
objects of the image of above fully faithful func-
tor. Namely, above fully faithful functor in-
duces an equivalence of categories between the
triangulated category of holonomic D-modules
on a complex manifold and the one of C-
constructible enhanced ind-sheaves on it. A
sheaf on a complex manifold is C-constructible
if there exists a stratification of it such that
the restriction of the sheaf to each stratum is
a locally constant sheaf of finite rank. As sim-
ilarly, I define that an enhanced ind-sheaf on
a complex manifold is C-constructible if there
exists a stratification of it such that the restric-
tion of the enhanced ind-sheaf to each stratum
is locally constant of finite type in the sense of
enhanced ind-sheaves and has a good decom-

position like the Hukuhara-Levelt-Turrittin de-



composition along any point of the boundary of
the stratum. The idea of this definition follows
from the fact that any holonomic D-module has
the similar properties. So that we can charac-
terized the image of above fully faithful functor
by using stratifications.
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