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a=qy<ar<ays<---<ap,=> (1)

0000000I0000000000AO000000000R00000000000 ax=a+%(b—a)
O0000I0-,0000000000007/000 A={a;},0000 |A|=max;<icn(a; —a;_1)0
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(2) f(x)O IODO0OO0OO0DO0ODOO0DOOO0O0 M >000000 |f(z)] <M (Veel)DODOOIO
00 A={ag,...,a,} 0000

S(f,4) = ZSUP {f(@) | © € [ai-1, ail} (a; — ai-1) (2)
s(f,A) = Zinf{f(a:) | © € [ai—1,a:]} (a; — ai—1). (3)

i=1

S(f,A)O Darbouz (0000 )0000, s(f,A)0 Darbouxz 00000000
f000 100000 S(f),000 s(f) O

2
=
I

inf{S(f,A) | A0 I0000D00000O0C (4)
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inf f(z)(b—a) < S(f,4), s(f,A) <sup f(z)(b—a)
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Definition 2 (1) I =1[a,b) 000000 A = {a;}",A' ={a}}, 00000A' 0 ADDDODOODD
0ADDDO {a;}",0 A’000D {a/}»,0000000000000000

(2) 1000000 Ay = {0, A = {6}, 0000000000000000 {a;}U{B}7, 0
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Proposition 3 (1) 00000 AOOOO

inf f(x)(b— a) < s(f,4) < S(£.4) < sup £ (x) (b a).



(2) A0 ADDDDODOOD
s(f,A) < s(f,47), S(fA") < S(f,4).
(3) 00000 A,,A, 00000
S(faAl)SS(vaQ)

(4)000 0000 s(f) < S(f).
(5) 0000 f(x)00000000000000000 A, 00000000000000O0
(i) lim, oo |An| = 0.
(ii) lim S(f,An) = S(f), lim s(f,An) = s(f)
O f(z)=2I=[0,RI0000f(x)0000000 f,ede=%. 000000000000000000
ooooooo

[A) +s(f,4)  R?

1) [S(f,A) = s(f,A) <A (iD) 5 5 =5
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7—%9<f,A>sS<f,A>s7+% (6)

A, 000000 |A,] =000 limy_oo S(f, An) = S(f), limy—0e s(f, An) = s(f) 0000000000
(6)000000000000

O0 Darboux OO0 OOOOOOOODOO
Theorem 4 lim, .o |[A,|=0000 lim S(f,A,) = S(f), lim s(f,A,) = s(f).
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Corollary 5 00 (1),(2) 0000000
(1) f(x)0 I00000000
(2) limp oo [Ap| =0 00000000 limyae(S(f, An) — s(£,A,))=000000000000
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Definition 6 f(z)0 I =[¢,b)0000000000A = {ag,a1,...,a,}0 I00000000000
{(&}i=0"10a1<&1<a; (1<i<n)000000O0000

I(f.{&},A) = Zf(fi—ﬂ(ai — @i—1) (7)

0000 f(x)0000000000|A|—-00000{,}00000000 I(f,&,A)00000000
D000 f(«)0I1000000000000000 ! f()de 0000

Remark 7

oooooooo



