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Let X be a reductive symmetric space with an
indefinite metric, I" be a discontinuous group
acting on X, and Xp be a locally symmetric
space T\ X. In 2016, Kobayashi-Kassel devel-
oped a new theory for the discrete spectrum of
Xr. In this paper, when I' is “sharp” for X,
they estabilished some counting results for the
orbits of I in X in order to construct an infinite
discrete spectrum of Xy. Here, sharpness for
discontinuous groups acting on reductive ho-

mogeneous spaces was defined by Kobayashi

on the basis of a criterion for proper discon-
tinuity established by Benoist and Kobayashi,
so sharpness for discontinuous groups acting on
homogeneous spaces is not defined.

Even when T is not sharp for X, I wish to con-
struct an infinite discrete spectrum of Xr using
their method. In order to do this, it is enough
to prove that counting of the I'-orbits in the
“pseudo-ball” which is defined using general-
ized Cartan decomposition of X are less than
an exponential function of radius of the pseudo-
ball. When X is non-Riemannian, It is not
even obvious that counting of each I'-orbit is
less than exponential growth . To begin with, I
consider counting problem for a non-sharp dis-
continuous group acting on anti de-Sitter space
which was constructed by Guéritaud-Kassel in
2017. 1 proved that counting of “one” I'-orbit

is exponential growth.
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