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Let P be a minimal parabolic subgroup of
a real reductive Lie group G, and H a real
reductive algebraic subgroup of G.  Then
it is proved by T. Kobayashi and T. Os-
hima in 2013 that the finiteness of the num-
ber of P-orbits on a homogeneous space G/H
is equivalent to the finiteness of cg(V) =
dim Homg(C*(G/P,V),C>*(G/H)) for any
G-homogeneous vector bundle V — G/P. Here
C>*(G/P,V) denotes the Fréche space of the
smooth sections of V. Moreover they proved
that the finiteness of the number of B-orbits on
a homogeneous space G¢/Hc is equivalent to
the finiteness of sup(cg(V)) where the supreme
is taken over all G-homogeneous vector bun-
dles V over G/P. Here we write G¢, Hc for
complexifications of G, H, respectively, and B
is a Borel subgroup of G¢. Concerning this,
we consider the following problem: ”Let Pc be

a conplexification of P and suppose that the

number of Pg-orbits in G¢/Hc is finite. Then
whether it is true or not that there exists C' > 0
such that cg(L) < C for any G-homogeneous
line bundles £ over G/P ?”

In this year, I studied and proved this problem
by using the theory of the family of holonomic

D-modules.
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